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Abstract 


Introduction. The dynamic loads during the start-up of a bridge crane can cause excessive stress in the structure and 
components, leading to potential safety hazards and increased wear and tear. To reduce the influence of the dynamic 
loads, various strategies can be implemented including optimization of the acceleration and deceleration profiles, using 
the soft start controls, implementing the vibration damping systems. It is vital to ensure that the proper crane maintenance 
and inspection protocols are in place. By reducing the impact of dynamic loads during the start-up, the overall 
performance and longevity of a bridge crane can be improved, ultimately enhancing safety and efficiency of the industrial 
operations. The present research offers a new approach to improving the efficiency and safety of industrial operations by 
providing a more precise account of the dynamic loads during the start-up of a bridge crane. The objective of this study 
is to develop a mathematical model for investigating the mechanical properties of the bridge cranes by analyzing the 
dynamic loads that occur during lifting operations. 

Materials and Methods. The development of the mathematical model was based on the kinetic model of the system, 
which included three connecting blocks and two flexible connections for a more accurate description of the bridge crane 
structure. Lagrange’s equations incorporating the information about the geometry and structure of a bridge crane were 
used. They made it possible to describe the motion of a system with the multiple elements and degrees of freedom. 
Processing and analysis of the results of the mathematical model were carried out in the MATLAB program using the 
Runge-Kutta method. 

Results. As a result of the research, a mathematical model was developed to study the dynamic loads affecting a bridge 
crane during lifting operations. Graphs describing the dependences of speed, acceleration, load, and rope angle over time, 
and their influence on the crane beam were plotted. The changes in these parameters over time, including their maximum 
values, were analyzed. The reasons for load changes and factors influencing the extension of lifting machines’ service 
life as well as reducing metal consumption during production thereof were identified. 

Discussion and Conclusion. The developed mathematical model and its numerical solution using the specialized software 
(MATLAB) allow for conducting the dynamic analysis of the bridge crane structures and determining the optimal design 
solutions. The analysis of the factors influencing the load changes leads to the conclusion that the use of this model can 
significantly reduce the load magnitudes and metal consumption, as well as increase the service life of lifting machines. 
The results obtained with the developed mathematical model and its numerical solution are useful for optimizing the crane 
structures, providing compliance with the operational requirements, and extending the service life of lifting machines. 
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AHHOTalna 

Beedenue. unamuueckne Harpy3KH BO BpeMa 3allyCKa MOCTOBOTO KpaHa MOTYT BBI3bIBaTb H30bITOUHBIe HallpsoKeHHA B 
KOHCTPYKUMH, IPWBOAA K MOTCHIMMAIbHBIM PHCKaM WM yBemM4eHuIO u3HOCA. Jd CHWOKeHHA BIIMAHHA JWHAMMUeCKHX 
Harpy30K MO%XKHO IIPHMCHATh pa3IMYHble CTpaTeruu, BKIHOUad ONTHUMUM3allMIo Wpodusleti ycKkopeHua U 3aMeyIeHua, 
MCHOb30BaHHe IIaBHOTO IycKa, BHeypeHue cucTeM amMopTu3alnNH. BaxxkHo oOecieduBaTb MCHOHeHHe paBMJIbHBIX 
TMpOTOKOJIOB OOcCIyKMBAHHA HW MHCIeKWMH KpaHos. IlyTem cHwKeHUA BO3TeHCTBUA JMHAMMYeCKHX Harpy30K BO BpeMa 
3allyCKa MO2KHO YJIVUINMTb OOIMLYIO MPpOH3BOAMTeIbHOCTh HW JOMTOBCYHOCTb MOCTOBOFO KpaHa, MOBbICHB B KOHCUHOM 
uTore O6e30nacHocTs u 3deKTHBHOCTh MPOMBIMINICHHBIX OlepalHi. JjanHoe uccieqOBaHue MpesaraeT HOBBIM NOAKoT 
K MOBBIINeCHHIO 3P@eKTHBHOCTH WM Oe30MaCHOCTH MPOMBINWICHHEIX OMepaluii 3a cueT Oomee TOUHOTO yueTa 
MHaMMYecKuX Harpy30K MOCTOBOTO KpaHa pu mycke. Lem padoTEr — pa3padoTKa MaTeMaTHYeCcKOM MOeIM TA 
W3y4eHHA MCXaHHYeCKHX CBOMCTB MOCTOBBIX KpaHOB ITyTeM aHasI3a JMHAaMMYeCKHX Harpy30K, BO3HHKAIOINHX BO BpeMa 
TIOJbCMHBIX Olepalluii. 

Mamepuanot u memooot. PaspadoTka MaTeMaTH4ecKOH Moe Oba BINOWHeHa Ha OCHOBe KHHeTH4eCKOH MOE 
CHCTeMBI, BKJIOUAIOIeH Tp COCIHHUTeIbHEIX OOKa HM Ba TMOKHX coeqMHeHUA WIA OoMee TOUHOTO onmucaHHa 
KOHCTpyKUMM MocToBoro KpaHa. Vcromb30BaHbI ypaBHeHua JlarpaHoxa, BKIHOUAONIMe HHDOpMalluIo O TeoMeTpHN U 
CTpyKType MOCTOBOrO KpaHa. OHM NO3BOIMIM OMMCaTb BIOKeHHe CUCTeMBI C HECKOJIBKUMH 39JICEMCHTaMH UM HECKOJIBKMMM 
cTeleHaMu cBoOorBI. OOpaboTka H aHasIM3 pe3yIbTAaTOB MaTeMaTHUYeCKOM MOJeIM ObLIM MpOM3Be{eHbI B IporpaMMe 
MATLAB c npuMeHenuem Metoya Pyure-KyTtsl. 

Pezyjemamol ucciedoeanua. B pe3ynbTaTe uccileqoBaHHua Oba pa3spaboTaHa MaTeMaTHYecKad MOJ[elIb JIA H3y4eHuA 
WHaMM4ecKHXx Harpy30K Ha MOCTOBOM KpaH BO BPeMA MOJbeMHBIX Oepalul. ToctpoeHsi rpaduku, onMcHrBarolue 
3aBMCHMOCTH CKOPOCTH, yCKOpeHHa, Harpy3KH WM yrla KaHaTa OTHOCHTeCIBHO BPCMeHH VM UX BIMAHMe Ha Oalky KpaHa. 
IIpoaHamM3upoBaHo W3MeHeHHe 3THX WapaMeTpoOB BO BPeMeHH, BKJIKOUaT HX MaKCHMAJIbHbIe 3HaYeHHA. OrlpeseuIeHbI 
IIPHUMHBI H3MCHCHHM Harpy3KH MW *aKkTOPHI, BIIMAFOMIHe Ha yBeIM4YeHHe CpoKa CIy2KObI HM CHWKCHME MeTAaIIOCMKOCTU 
IIPH MIpOW3BO]{CTBe TIOXbBeCMHBIX MallIHH. 

O@6cystcoenue u 3aknto“enue. Paspad0oTaHHad MaTeMaTW4eCcKad MOJeIb U Ce YHMCMCHHOe pellleHve C MCIOIb30BaHHeM 
cilel{HasiM3HpOBaHHOro MporpaMMHoro obecneyenHua (porpammMa MATLAB) no3Bous10T NpOBOAMTh AHHamMMyeckHit 
aHalIv3 KOHCTIpyKUMM MOCTOBOTO KpaHa HM OMpeeATb OMTHMAaIIbHbIC KOHCTPYKTHBHbIe pellienua. AHaiu3 dakTopos, 
BIIMAIOMWIMX Ha W3MCHeHHe Harpy3KH, MO3BOIAeT CieaTb BEIBOT, YTO IPH UCMOb30BaHHM WaHHOM MOJesIM MOKHO 
3HAYHMTeIbHO CHH3UTb BeJIMYHHY Harpy30K HM MeTAJIIOCMKOCTE, a TalOKe YBCJIMYUTb CpOK CIIy2KObI WOJbCMHBIX MallIHH. 
Pe3yibTaTbI, MOUYYeHHbIe Ip MOMOMM paspaboTaHHOM MaTeMaTH4eCcKOM MOJelIM, H ee UMCIICHHOe pellieHHe Mose3HBI 
IIPH OMTHMU3allM KOHCTpYKIMH KpaHosB, OOecieyveHHH COOTBETCTBHA OllepallHOHHBIX TpeOoBaHHi U MpomeHuN cpoKka 
CJLY2KObI WOUbEMHBIX MallIHH. 


KunroueBble CJI0Ba: MOCTOBOM KpaH, THHaMvYecKad Hal py3Ka, KHHCTHYICCKAA MOJICJIb, TOBEM Tpy30B, TMHaMuueckHit aHasIn3 


lia waTupopannsa. AutnOac U.P. Moyemmpopanue WuHaMMyecKux Harpy30K, BO3/[eHCTBYIOWJMX Ha MOCTOBOM KpaH B 
Moment ItycKa. Advanced Engineering Research (Rostov-on-Don). 2024;24(2):190-197. https://doi.org/10.23947/2687- 
1653-2024-24-2-190-197 


Introduction. The analysis of dynamic processes in the mechanical part plays an important role in the development 
of new overhead cranes and modernization of existing ones in order to reduce loads on control devices and extend their 
service life [1]. 

The bridge crane is subjected to dynamic loads during non-static operations, such as acceleration and braking. Analysis 
of these processes allows identifying hidden impacts on the dynamic behavior of the bridge crane. Therefore, it is 
paramount for the researcher to make an optimal design choice to reduce these loads, ensuring that the crane can meet the 
required operating conditions [2]. 

In [3], a dynamic model of a crane lifting system was developed, using which an accurate direct numerical integration 
method was proposed for calculating the dynamic loads of the system. 
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Papers [4, 5] studied dynamic loads in a metal structure, taking into account fatigue of the metal material. However, 
the researcher neglected the impact of forces from the drive of the lifting mechanism operating with artificial parameters. 

In [6], dynamic loads in a bridge crane were determined during the operation of a lifting mechanism when hoisting a 
load suspended on a rope. The most important case studied was the effect of dynamic loads on the crane when removing 
a load from a solid foundation, at the moment of lifting-off. 

Steel structures of bridge cranes experience non-stationary loads with different stress amplitudes and asymmetry of 
the working cycle [7]. To study the real load of bridge cranes under typical operating conditions, constant recording of 
their stress state is required, which is labor-intensive [8]. Therefore, statistical processing of the obtained results is used 
to assess the loading elements of metal structures of bridge cranes [9]. This involves changing individual components of 
the total load of metal elements, such as the gravity of the load being lifted, the angle of rotation of the load, and weather 
loads, and then summing them according to the laws of probability theory [9, 10]. This approach is less labor-intensive 
than a comprehensive study of loading under typical operating conditions. However, determining the probabilistic 
characteristics of individual random loads also takes time, so the method for calculating load combinations is widely used 
in crane construction [11]. 

In [12], it was found that during the stage of selecting the rope slack, the value of the stator current of the electric 
motor of the lifting mechanism did not depend on the mass of the suspended load. However, as the load increased, the 
time of its rise also increased, and at the stage of separating the load from the surface, the amplitude values of the current 
increased. Furthermore, a noticeable difference appeared after five periods of mains voltage from the beginning of the 
stage. However, the researcher neglected the significant influence of forces arising from the drive of the lifting mechanism 
working with artificial elements. 

By using the developed mathematical model, the research aims at optimizing the design of bridge cranes through 
studying the dynamic loads that occur during lifting operations, ensuring that the crane has the ability to meet the required 
operating conditions. 

Materials and Methods 

Kinetic Model of the System under Study. When developing a kinetic model of the system under study, it can be 
represented that the construction of a bridge crane for a given motion form consists of three connecting blocks and two 
flexible joints, and has the form shown in Figure 1: 


Fig. 1. Bridge crane kinetic model 


mg — mass of the main bridge, moving along the X-axis; mp — mass of the lifting mechanism, moving along the Y-axis; 
mg — payload; Kz and Cg — elasticity modulus and damping coefficient of the main bridge; Kr and Cr — elasticity 
modulus and damping coefficient of the ropes; o — swing angle of lifting mechanism winding. 

Derivation of Kinetic Equations Reflecting the Motion of the Dynamic Model 

Mathematical equations representing the motion of the dynamic model are derived from the partial differential 
Lagrange equation, which is considered to be one of the best methods used specifically in cases where the system consists 
of more than one element and when it has several degrees of freedom. 
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where 7 — kinetic energy; U — potential energy; D — damping energy; Q — external forces affecting the whole system; 
qi — common system of coordinates; i — degrees of freedom of the model under study. 
Kinetic energy equation: 


T =0.5m,22 +0.5mpz2 +0.5mgzz +0.57-a”. (4) 
Potential energy equation: 

U =0.5K 323 +0.5K,(zg—-ra+z,) . (5) 

Damping equation: 

2 

D =0.5C 523 +0.5C, (2% -ra+zZ,) . (6) 

System equations: 
(mg +mp)2g+Kg2g+K, (2, -ratzg)+Cg2g+Cr(z,-ratig)=0 (7) 
‘mote +K,(zo-ra+zg)+C, [tg -ra+zg )=0 (8) 
"J-G&+K,r(a-—Zzg —Zg)+C,-r(a—Zg -23)=Ma-M,, (9) 


where Mz, M.— resistance momentum and lifting mechanism momentum; J — inertia of rotating mass of the lifting mechanism. 

Numerical Solution of a Mathematical Model Using the Fourth-Degree Equation of Runge-Kutta 

The numerical solution to equations (7-9) was obtained using the Runge-Kutta method in the MATLAB program. 
The dynamic equations were derived within the program, incorporating the input data and a set of commands to process 
these equations. The resulting graphs illustrate the interconnections between the various blocks and components of the 
crane structure under consideration. 

The Conditioning of the Input Values Required to Solve the Model 

The study was conducted on an ACE type bridge crane consisting of three parts (Fig. 2): 

— lifting trolley; 

— main bridge, which supports the lifting mechanism; 

— end trucks, which support the main bridge. 


Fig. 2. Main parts of bridge crane ACE 


To align the operation of the bridge crane with a standard set of coordinate axes, the following assumption was made: 

— the lifting trolley functions as a unit responsible for raising a load along the Z-axis and allows for horizontal motion 
along the Y-axis relative to the main bridge, which is the axis along which the crane moves. 

A study was conducted on a prototype bridge crane with a lifting capacity of 10 tons and a width of 21.5 meters. The 
following characteristics were considered: 

— payload: mg = 10,000 kg; 

— mass of the two main bridges: mg = 8,100 kg; 

— mass of the lifting mechanism with the trolley: mp = 700 kg. 

When determining the input values, all the laws of designing the structures of lifting devices were followed, and the 
connections of all components were taken into account. The main factors considered were: 

— power of the drive of the lifting mechanism along the Z-axis; 

— stiffness coefficient of the steel structure (Ka); 
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— stiffness coefficient of the rope (K,); 
— damping coefficient of the metal frame (Ca); 
— damping coefficient of the ropes (C,). 
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Table | 
Shows the elements of the design structure of the bridge crane that was studied. 

Element name Value Unit of measurement Notation 
Load 10 Ton mG 
Crane mass 8,100 Kg mB 
Trolley mass 700 Kg mp 
Crane length 21.5 m L 
Height of lift 5 m A 
Beam device degree 2 - A 
Gear box ratio 4.5 - im 
Coil radius 0.25 m R 
Rope diameter 16.5 mm dk 
Engine power 30 kW Nn 
Speed of the engine rotor core 905 r.p.m Mn 
Rope stiffness coefficient 11,169.8 N/mm Kz, 
Rope damping coefficient 23,934.4 N/mm K, 
Rope damping coefficient 83.37 N.sec/m oF 
Metal frame damping coefficient 30.29 N.sec/m Cp 


Research Results 


Study of the Model Operation Using a Computer 
Structural Behavior of a Metal Bridge Crane under Momenta Loads 
The structural behavior of a metal bridge crane during the process of lifting a load is depicted by three curves (Fig. 3). 
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Fig. 3. Coordinates of vertical motion, speed and acceleration of the COG of the bridge cranes versus time curves 


In Figure 3, the first curve shows the coordinates of the bridge crane along the ordinate axis as a function of time. 
During lifting, some vibration of the crane's metal structure is observed for 5—10 seconds, which then stabilizes and does 


not affect its rigidity. 


The second curve in this figure depicts the change in the speed of the center of gravity of the bridge crane over time. 
During lifting the load, the speed initially increases and then gradually decreases until stabilization. This indicates that 
the center of gravity of the bridge crane assumes a stable position within the specified time period, during which the 


vibration stabilizes. 


The third curve reflects the change in the center of gravity of the bridge crane over time. It is noteworthy that the 
acceleration value at the moment of lifting the load is 0.07 m/s?, with the dynamic load reaching its maximum.° 


Antypas IR. Modeling the Dynamic Loads Affecting a Bridge Crane during Start-Up 


Load Curves 
Figure 4 shows three curves that reflect motion of the load during the crane operation at the time of lifting. 


Coordinate zB, m 


Speed dzB, m/s 


Acceleration zB, m/s? 


Fig. 4. Coordinates of the speed and acceleration of the load lifting versus time curves 


In Figure 4, the first curve reflects the change in the position of the center of gravity of the load over time during its 
lifting to a certain height, calculated by the program, by rotating the drum by 180 degrees and then stopping. The height 
of the load suspension indicated on the graph is 0.78 m. 

The second curve on this graph shows the change in the lifting speed of the load over time. When the drum rotates, 
the lifting speed of the load initially increases, then gradually decreases until it stabilizes. 

The third curve represents the change in the acceleration of the load lifting over time. At the moment of lifting the 
load, the acceleration reaches a maximum value of 0.26 m/s? in 0.8 seconds, and then stabilizes. 

From the analysis of these three curves, it can be noticed that the stabilization time of the crane operation is almost constant. 

Coil Angle Curve 

Figure 5 shows the dependence of the winding rotation on time in degrees. 


Coordinate string, 6° 
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Fig. 5. Coil Angle Curve 
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Figure 5 shows the change in the angle of rotation of the drum over time. The rotation angle stabilizes when reaching 
a value of 180 degrees, after which it remains stable, meaning it repeats. 

Discussion and Conclusion. Analysis of the above graphs leads to the following conclusions. 

The mathematical model and algorithms allow for a detailed study of the motion of a bridge crane at all stages. 
Adjusting the winch operation and improving the metal structure of the crane have many positive aspects, including 
reducing dynamic displacements in the metal frame of the crane and transmission elements (such as clutch, gearbox, 
motor, and pulleys), as well as in the hoisting ropes. This reduction in dynamic loads leads to a decrease in rapid wear of 
these elements. Additionally, cost savings on maintenance and the development of an optimal metal structure design are 
achieved, as well as an increase in the crane's service life. This is evident from changes in the center of gravity of the 
load, speed, and acceleration during its lifting over time. It has been established that the height of the load during lifting, 
which is directly related to the length of the hoisting ropes, as well as the mass of the lifted load and the design of the 
main bridge, including its shape and dimensions, significantly influence the dynamic loads experienced by the structure. 

The mathematical model offers a new approach to improving the efficiency and safety of industrial operations by 
providing a more precise understanding and accounting for dynamic loads during the start-up of a bridge crane. 
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